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CACH KHU DANG VO PINH %
(Dang nay thuwong gap khi x — x,).
P(x)
O(x)
P(x),0(x) la da thuc theo bién x.
PHUONG PHAP: Phan tich da thirc thanh
nhan tir, sau do rut gon biéu thirc 1am ca tur
va mau bang 0.

DANG 1: Him s f(x)= trong do




Phan tich da thirc thanh nhan tr co cac
phuong phap sau:

o Str dung bay hang dang thirc dang nhd.

o Néu tam thirc bac hai thi str dung

ax’ +bx +c = a(x—x)(x—x,),(a#0) VOl x,,x, 1a
nghiém cua phuong trinh ax® + bx +c¢=0.

e Su dung phuong phap Hoocner . Phép chia
da thic P(x) =ax* +bx’ +cx” +dx+e cho

(x—x,) theo so d6 Hoocner (Than chu :
« Dau roi, nhan ngang, cong chéo »)




Vidu : Chia 4x° —13x* +4x -3 cho (x—3)



3
Tim gi6i han lim —— +3
=2 x" +11x+18

A 2. B. -1

S

12 4 |4 |4
C.—. D. Dap an khac.

7



Huéng dan gidi: Chon C
TacoO x’+8=x"+2’ =(x+2)(x2 +2x+4)
(4p dung hang dang thirc), va x* +11x +18
=(x+2)(x+9) (vO1 x, =-2 va x, =-9 la hai
nghiém cua phuong trinh x* +11x+18=0).

| 348 (x+2)(x —2x+4)
lim — = lim
Do d6 >2x +11lx+18 x>-2 (x+2)(x+9)
X =2x+4 12

= Iim
=2 x+9 7



. . 2x°=5x"-2x-3
T1im gio1 han L =lim— - .
=>34x” —13x" +4x -3

AL B. 1.
7

C.0. D. Dap an khac.




Huéng dan gidi: Chon A
7 —im 2x33 — 5x22— 2x—3

=>34x” —13x" +4x -3
Thay x =3 vao ca tir va mau thay déu bang 0,
nén x =3 la mOt nghi€ém cua hai da thirc ca
mau va t. Co nghia (x-3) 1a nhan tir chung,
ta phan tich da thic & tir va mau thanh nhan
tir bang phuong phap Hoocner.




Cach lam nhu sau:
Phan tich ti so:
2x* =5x* —2x =3 =(x—3)(2x" +x+1)

2 | -5 | -2 | -3 Ke bang nhu sau. Sau do dién he
sO cua tung sO hang v61 s6 mi

312 110 giamdan vao cac 6 & hang diu

tién véi 6 thir nhat dé trong. O
hang tht hai: dién gia tri lam da thtrc bang 0 & day 1a chir
s6 3. O thir hai dién lai 214 tr1 ¢ 0 thr hai cua hang mot
xuong (ta thudng hay noi “dau roi xuong”), sau do lay
3.2+ (=5) =1 dién chit s6 1 vao 6 thu ba, lay

3.1+ (=2) =1 dién chit s6 1 vao 6 thir tu, cudi cung lay
3.1+ (=3) =0 dién vao 6 cudi cung.



Phan tich mau so:
4x* —13x7 +4x—3=(x—3)(4x" —x +1)

4 113 4 | -3

3.4 -1 10

Do do
L:lim<x_3)<2x2+x+l):hmzszH:11.
x—>3(x—3)(4x2—x+1) 3 4x2 —x+1 17




Tim gi61 han lim( L _ 312
=2\ x—-2 x -8
AL B. 2.
2 2

C. 0. D. 2.

J



Huwéng dan gidi: Chon A

Budc dau tién ta phai quy dong mau, sau d6 phan tich da
thirc cua tor thanh nhan tr va rut gon hang tir vo dinh

N
L—hm( 1 — 12
2\ x—=2 x° -8

| 12
= lim
x—>2 ( x—2 (x 2)(x> +2x+ 4))

X" +2x—8 . (x—-2)(x+4)
= lim = lim :
2 (x=2)(x*+2x+4) 2 (x=2)(x"+2x+4)
x+4 1
= lim

-2 x> +2x+4 2



P(x) ]
Q(x) trong do P(x),Q(x)

12 cac biéu thire ¢6 chira cin thire theo bién x.
PHUONG PHAP:
Bwdce 1: Nhan lugng 11€n hop.

DANG 2: Ham s6 f(x) =

a’ —b’
a—b=

e a’~ b =(a+b)(a-b)-> ajiiz
a+b=

i a—>b




b=+ B)(a b)

a —b’
a—b= 2 2
a +ab+b

3, 13

Gahe Y +b




Ya— o) (Ya) +Ya b +(b)
o (B[ )

() +a ]
a—>b

(JZ) +adlb+(Yb)




Ja +3b =

(Ya +5 )[(f) I@(I)}

(a) ~aib+(b)




. ANx+3-=-2
Tim gidi han lim *

x—1 x—l
AL B. L
4 2

C.0. D. 2.



Huwéng dan gidi: Chon A

Nx+3-2 . x+3-2°

lim = lim
ol x—1 X1 (x—l)(ﬁ+2)
— im r—1 TN S

.
Sl (x-1)(Va+3+42) oIx+3+2 4



Tim gidi han lim = AL 3
=7 x° —49

AL B. 1.
24

C. 1 D. +.
56




Hu’é’ng dan gidi: Chon C

hmz_ _ —hm —(x 3)
=10 -49 o7 (x2 - 49) (24 x-3)
= lim fox
x—>7(x—7)(x+7)(2+\/ﬁ)

= lim - 1

=1 (x+7)(244x-3) 56



Tim 2101 han sau
. \/x2—2x+6—\/x2+2x—6

lim . :

x—3 x"—4x+3

A. —1. B. +o.
3

C. 0. D. 2.




Huéng dan gidi: Chon A
. \/x2—2x+6—\/x2+2x—6
lim >
x—>3 x°—4x+3
_ (x2—2x+6)—(x2+2x—6)
= lim
3 (x2 —4x+3)(\/x2 —2x+6 +\/.X2 +2x—6)

lim —4(x—3)

3 (x—l)(x—3)(\/x2 —2x+6 +/x° +2x—6)

— lim 4 __1

x_’3(x—1)(\/x2—2x+6+\/x2+2x—6) 3




Tim gidi han lim lxt2-2
2 \x+7 -3

A. 3 B. +x.
2

C.0. D. 1.



Huéng dan gidi: Chon A
Jx+2 -2 (x+2—22)(\/x+7+3]

lim = lim

\
2x+T -3 2 [x+7—32)(\/x+2 +2]

. (x—Z)(\/m+3)
X2 (x—Z)(\/m+2)

_lim\/x+7+3 3
2 x 4242 2




Jax -2

Tim g161 han lim

x—2 x—z
A. l B. +oo.
6
10 f ,
C. —. D. Dap an khac.

3



Huéng dan gidi: Chon A

Ta co
Yax —2)| (Vax) +2.4x +
%_2:( 4 2)[( 4x) +2.3/4 4}

(%/E)z +2.%/E+4

o

A

(¥ax) -2 45 2(x-2)
A 44




Do do
Jax 2 2(x—2)

lim = lim
=2 x—=2 2 (x-2).4

.2 2 1’
=lim—= =

=24 (%/E)z+2.i/ﬂ+4 6



Tim gi6i han cua diy (u,) Dbiét:
J1042x° +x—1

lim .

>l x" 4+ 3x+2
A. 3 B. +o.

2

10 4 4 4
C. —. D. Dap an khac.

3



Huéng dan gidi: Chon A
Ta c6 310 +2x° +(x—1)

[%/10+2x3 +(x—1)}[(%/10+2x3 )2 _%/10+2x3.(x—1)+(x—1)2}

.

(%/10"‘2363 )2 —%/10+2x3.(x—1)+(x—1)2j

A4

A

X 3
(5] 1 0 s
4 ) A
3(x+1)(x2 —2x+3)
A




Vaco x> +3x+2=(x+1)(x+2)

Do do
10+2x° +x-1 3(x+1)(x" =22 +3)

I i
SO P 43x42 e (x41)(x+2) 4

. 3(x2—2x+3) 36 3
= lim =——=—.
-1 (x+2).4 122




DANG 3: Thém bét s6 hang hoic mjt
biéu thurc vang dé khir dwgc dang vo

dinh:
k k/
Cac dang hay gap lim fx)+4g(x) e
X=X X — Xy
k/ m/
hoac lim fx) +3g(x) +¢ hoac
X—)XO x xO
jim A (¥) Y8 (x) e
X=X .X' xO)

Trong do k, m, n e N* va n <min(k,m).



PHUONG PHAP: Thong qua nhitng vi du
sau, 10i ta rat ra phuong phap giai:

Tim gi6i han lim V2x+2+ \/ix t4 oS
X—> x —_

B, Y2+V5,

3
D. Dap 4n khac.

A.
C.

wlr—* wl.h



Huéng dan gidi: Chon A
Ta co khi x — 1 thi (\/2x+2 +/5x+4 —5)—)0

do do day la bai dang vO dinh 9 ta phéi tach

duoc Ve dang lim V/ i lim Y2 T gan

x—1 x—1

cho mdi gidi han nhan luzo’ng l1én hQ’p déu
khtr dugc dang vo dinh . KV thuat ta thay
x=1vAa0 V2x+2 =2 va \/5x+4 =3 nén s6 (-5)

tach thanh (-2)+(-3) va gom lai nhu sau :



J2xr24oxtd-s . (V2x+2-2)+(sx+4-3)

Iim = |lim

x—1 x_l x—1 x_l

:lim\/2x+2_2+lim\/5x+4_3. Sau do tinh
x—1 x—l x—1 x—l

tirng 2101 han.



P2x+2-2 . (\/2x+2—2)(\/2x+2 +2)

ol x—1 ol (x—l)(\/2x—|—2 —I—Z)
, (\/2x+2)2—4
=lim
S (x-1)(V2x+2+2)
— lim Z(X_l) _im 2 1

Sl (x-1)(V2x+2+2) =TV2x+2+42 )



(\/5x+4 —3)(\/5x+4 +3)

=l x—1 vl (x—l)(\/5x+4 +3)

 (VEra) -9
= lim
1 (x=1)(V5x+4 +3)
— lim S(x—1) ~lim :

=1 (x—l)(\/5x+4 +3) ol f5x+4+3 6

K&t luan linll\/2x+2 +\/?x+4—5 :%
x—> X —

S5 4
+==—,
6 3



Y3x+2 —/5x—6

Tim g161 han L =1lim

x—2 x—z
A. -1 B. 2.

4
C. % D. Dap 4n khac.



Huéng dan gidi: Chon A

o Y3x+2 —5x—6
m

L=im S0 Ta dé dang thay day 1a dang

A * O \ 2 A /4 . - I'4 4 .
vO dinh o va tir sO co hai can thirc khac loai,

nén ta phai thém bt mot hang so ¢ sao cho

dua duogc veé dang lim V/(x) ¢ +lim— m

=2 x—2 =l x—2
va moi gidi han déu tinh duoc gidi han khi
khtr duoc dang vo dinh bang phuong phéap
nhan lugng lién hop.



K¥ thuit 1: Thay x=2 vao J3x+2 va

J5x—6déu bang 2. Suy ra 2 1a gia tri ta can
thém bot.
Ky thuat 2: Cho x-2=0< x=2 sau do giai

h¢ -

f3x+2=2

V5x—6=2

<= S

3x+2=8

Sx—-6=4

gia tri can thém bdt.

< <

(x=2 .
—c=21a

x=2



Cu thé 1am nhu sau:

irs2—J5r—6 (V3x+2-2)+(2-/5x—6)

L =1lim = |lim
x—2 x_z x—2 x_2
o Y3x+2-2 . 2-Y5x—6
= |im + lim :
x—2 x—z x—2 x—z

) Prx+2-2 [ Prx+2) +23Bx+2 +4}
Tinh L1=1im3“3x+2_2=hm( I : )
o=z (x—2)[(x3/3x+2) +233x+2 +4}

A

im 232 3 1
w2 (x=2).Ad =24 4




Tinh

2_\/5x_6_(2—\/5x—6)(2+\/5x—6)

R (x=2)(2++5x-6)
B 4—(5x—06)

_(x—Z)(2+\/5x—6)

_ —5(x—2) _ -5 :_é
(x-2)(2+5x-6) 2+5x-6 4
DodéL=L1+L2=1—§=—1.

4 4



DANG 4: Cac gioil han dac biét
Nhac lai:

o l+1+1+---+1=n

n

e a’ —b :(a—b)[gz+ab+bi]

3 so hang

® 4" -b"=(a- b)(g”l +a"?b+a" b+ +ab" + b”ij

n so hang



Ul+ax —1

Tim g161 han L =1lim

x—0 X
A. a. B. —2—a.
n
C. 2. D. Bap an khac.

n



Huéng dan gidi: Chon C

Détt=\”/1+ax:>t”:1+ax:>x=t _
a
Ta co kht x >0 thir > 1.
Ca, , t—1
Khi do L:hn} at(n 1)
a(t—l) a a

It ~ i =2
xlgll(t—l)(t”‘l+t”‘2+---+t+1) T SNPI

V;ﬁy L:hm\/1+ax—1 _a

x—0 X n




\ 7. . x100_2x+1
Tim gi61 han L =lim—;
=1 x7 =2x+1

A. Q B. —+4w.
24 48

C.2.041. D. Dap 4n khac.




® 20

Huwéng dan giai:

L:hmx100_x_x+1_l_ (IOO x) . (x —1) ( -1

)
x—1 xso—x—x+1_H1( x) Hlx(x - )_( 1))
)

x(x 1)(x +x7 . +x+1) (x 1) ( )(x +x ¥+ x4+ x—1
= lim =lim

x—1 X()C 1)(x _|_x —|— —|—_x—|—1) ()C 1) x—1 (X 1)()6' +)C + +)C +x—1

X7+ x4+ x"+x—1 98 49
= lim—; =

P b x® o xlrx—1 48 24




